
 

 

 

 

Repositorio Institucional de la Universidad Autónoma de Madrid 

https://repositorio.uam.es  

Esta es la versión de autor del artículo publicado en: 
This is an author produced version of a paper published in: 

 
IEEE JOURNAL OF EMERGING AND SELECTED TOPICS IN POWER 

ELECTRONICS, 7. 4 (2019): 2467-2475. 
 

DOI:    http://dx.doi.org/10.1109/JESTPE.2018.2886908   
 
Copyright: © 2018 IEEE 
El acceso a la versión del editor puede requerir la suscripción del recurso 

Access to the published version may require subscription 
 

https://repositorio.uam.es/
https://ieeexplore.ieee.org/document/8576673


1

Parametrizable fixed-point arithmetic for HIL with
small simulation steps

Alberto Sanchez∗, Angel de Castro, Member, IEEE, and Javier Garrido, Member, IEEE
Universidad Autónoma de Madrid, Madrid, Spain

∗alberto.sanchezgonzalez@uam.es
Paper contains original research and has not been submitted/published earlier in any journal and it is not being

considered for publication elsewhere.

Abstract—HIL techniques are increasingly used for test pur-
poses because of their advantages over classical simulations.
FPGAs are becoming popular in HIL systems because of their
parallel computing capabilities. In most cases, FPGAs are mainly
used for signal processing like input PWM sampling and con-
ditioning while there are also processors to model the system.
However, there are other HIL systems that implement the model
in the FPGA. For FPGA implementation and regarding the
arithmetics, there are two main possibilities: fixed-point and
floating-point. Fixed-point is the best choice only when real-time
simulations with small simulation steps are needed, while floating-
point is the common choice because of its flexibility and ease of
use. This paper presents a novel hybrid arithmetic for FPGAs
called parametrizable fixed-point which takes advantage of both
arithmetics as the internal operations are accomplished using
simple signed integers while the point location of the variables
can be adjusted as necessary without redesigning the model of
the plant. Experimental results show that a buck converter can
be modeled using this novel arithmetic with a simulation step
below 20 ns. Besides, the experiments prove that the proposed
model can be adjusted to any set of values (voltages, currents,
capacitances, etc.) keeping its accuracy without resynthesizing,
showing the big advantage over fixed-point arithmetic.

Index Terms—emulation, fixed-point arithmetic, floating-point
arithmetic, field programmable gate array

I. INTRODUCTION

Digital control for power electronics has grown during
the past few decades [1]–[8], so the need of new test tech-
niques has also increased. Meanwhile, the advances in HIL
(Hardware-in-the-Loop) have made it viable as a test technique
for power electronics. HIL allows the designer to test, even
in real-time, the controller along with a model of the plant.
Besides, HIL simulators offer the opportunity to debug the
controller in its final implementation. This is possible because
the HIL system can be a different device and its inputs
and outputs can be driven to the final controller, offering a
reliable simulation. HIL systems have presented a significant
growth in the academic but also in the commercial world. [9]
offers an extensive review of the simulation alternatives for
microgrids and it manifests the consolidated use of HIL in
power electronics.

First HIL systems were based on computers, reaching simu-
lations with an integration step of 50 µs [10]. However, some
current HIL systems use FPGAs (Field Programmable Gate
Array) because their parallel nature makes it possible to make
numerous calculations concurrently, so the integration step

can be decreased dramatically [11]–[18]. Another common
choice is using FPGAs along with processors to create the HIL
systems, as shown in [19]. In these cases, FPGAs are often
used for tasks that can be executed in parallel, like input/output
sampling and conditioning, while the system also uses real-
time processors. For instance, commercial tools like Opal-RT
and dSPACE use both devices in their systems [19].

The main drawback of the HIL systems that use FPGAs
to implement the model is the complexity of the model
design. The implementation of HDL (Hardware Description
Language) code is not trivial and the arithmetic type used in-
side the model determines many factors such as the simulation
step, the ease of design and the resources used in the FPGA.

One possibility is to design the model with high-level tools
such as Matlab models, and translate it into HDL code using
automatic tools [12], [13]. There are also commercial tools
such as Opal-RT, Typhoon HIL and dSPACE which let the
designer to create graphical models and use them for simula-
tion with the help of FPGAs. Commercial FPGA-based HIL
systems can handle complex models, defined by the user, with
an integration step of hundreds of nanoseconds, almost without
requiring user optimization. However, commercial tools are
expensive (generally over 10,000 USD) and, then, their use is
not justified in many low cost applications, especially if the
test scenarios can be easily reproduced in a laboratory. On the
other hand, commercial tools are almost mandatory when the
system under test is a complex one [20], [21]. As examples of
complex system tested with commercial HIL tools, in [20], the
Typhoon HIL system is used to test a system which mitigates
grid background harmonics for photovoltaic inverters. Also
in [21], OPAL-RT platform is used to verify the controller of
a fast charger for electric vehicles.

Commercial HIL systems facilitate the model implemen-
tation but the performance results are not optimal, both in
resources and simulation step. The main reason is that com-
mercial tools use floating-point arithmetic. Floating-point is
easy to use because the point location of every variable is
dynamically shifted when necessary changing the exponent
field of the number, so it is not necessary to control the point
location, the numerical representation limits, etc. However, the
overhead of floating-point internal operations is noteworthy.

When it is necessary to improve the simulation step to
increase the simulation accuracy, it is possible to hand-code the
model of the plant. In this case, the election of the arithmetic
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becomes even more important. Again, floating-point arithmetic
is easier to use and the translation from the equations of
the model to the code is straightforward in most cases. For
instance, in [22] a HIL system is presented which models
a multi-inductor domestic induction heating platform using
floating-point arithmetic. However, if the simulation step is
critical, fixed-point models should be used. Authors of [23]
showed a comparison between several arithmetics to model
a power converter, and they showed that fixed-point was
ten times faster while it required much less resources than
floating-point using the synthesis tools of that moment. The
experimental results of Section IV show that present synthesis
tools have decreased the gap between both arithmetics, but
there are still important differences, ranging between three and
five times in terms of both speed and resources.

Even with these advantages, fixed-point may not be viable
if the model is not simple because of the effort of designing
optimized fixed-point models. The main reason is that the de-
signer should decide where the point of every variable should
be located, as the point location cannot be shifted after the
implementation of the model. Therefore, once implemented,
the model only works inside a range of values and any further
change will need a redesign of the model. Considering this
limitation, fixed-point models only can be used in specific
applications.

This paper presents how to model a power converter using
parametrizable fixed-point arithmetic. This arithmetic is based
on fixed-point arithmetic, taking advantage of the speed of
fixed-point, but it allows the model to shift the point location
without resynthesizing. The point location shifting gets rid
of the numerical limitations of fixed-point, so the model can
be adapted to any simulation range of values. Although the
design effort is not negligible compared with floating-point,
the advantages of this type of arithmetic are significative, so it
is a viable choice to implement models with small simulation
steps.

The rest of the article is organized as follows: Section II
shows how to model a power converter using difference
equations. Section III describes the proposed parametrizable
fixed-point arithmetic and how the equations are translated to
a digital model coded in HDL. Experimental results are shown
in Section IV making a comparison between traditional and
parametrizable fixed-point. Finally, conclusions are given in
Section V.

II. MODELING A POWER CONVERTER

In this section, it is described how to create a simple high-
speed model of a buck converter (see Fig. 1), but any converter
can be modeled using this methodology. The model must
calculate the values of the state variables every simulation step.
In this case, the state variables are the capacitor voltage and
the inductor current. The converter can be modeled analyzing
the equations of the capacitor and the inductor, which are
differential equations:

vin

iL

-
+ C R

+

-

L vc

sw1
sw2

Fig. 1: Buck converter topology used as application example

vL = L · diL
dt

iC = C · dvc
dt

(1)

where L is the inductance, vL and iL are the inductor
voltage and current respectively, C is the capacitance and iC
and vC are the capacitor current and voltage respectively. In
order to create a simple but real-time model, Explicit Euler
method can be used so these difference equations can be
extracted:

iL(k) = iL(k − 1) +
∆t

L
· vL(k − 1)

vC(k) = vC(k − 1) +
∆t

C
· iC(k − 1) (2)

where ∆t is the simulation step, which is fixed so the
system is less complex but faster. As it can be seen, the
inductor current depends on the inductor voltage, and the
capacitor voltage depends on the capacitor current, but both
are determined by the state of the switches. Therefore, there
are two pairs of equations that must be solved by the model
every simulation step; when the upper switch is closed (3) and
when the lower switch is closed (4):

vL(k − 1) = vin(k − 1)− vC(k − 1)

iC(k − 1) = iL(k − 1)− iR(k − 1) (3)

vL(k − 1) = −vC(k − 1)

iC(k − 1) = iL(k − 1)− iR(k − 1) (4)

If both switches are open, commonly used to add dead-
times, and the inductor current is positive, equation (4) will be
used and (3) otherwise. If the inductor current is identically
zero when both switches are open, there is a third case in
which the inductor current remains zero (no increment nor
decrement). Electrical losses have not been included for the
sake of clarity but the methodology proposed in this paper is
applicable to them.
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A. Arithmetic possibilities

The equations seen in the previous section will be imple-
mented in a real-time model using an FPGA. The election
of the arithmetic will determine several factors such as the
minimum simulation step achievable by the model, the design
effort, the size of the design, etc. The first election lies in
choosing between floating and fixed-point arithmetics, but a
specific data type should be chosen. For instance, in VHDL
some of the possibilities are:

• Real arithmetic. It is a standard numeric type of VHDL
which uses double-precision floating-point format. It
cannot be synthesized but it is useful to create a first
approximation and it can be used as a reference model
because its numerical error should be negligible.

• Float arithmetic. This type, implemented in the
VHDL2008 float pkg package [24], provides synthesiz-
able floating-point arithmetic. It has the versatility of the
floating-point, but it uses many hardware resources. Also,
if the simulation step is small, 32-bit floating-point, which
is the most common floating-point format, may not have
enough resolution, as it can be seen in [23]. Besides,
floating-point arithmetic presents poor time performance,
reaching simulation steps several times higher than using
fixed-point as it will be shown in the experimental results
of Section IV.

• Fixed arithmetic. An alternative to float arithmetic is
fixed-point arithmetic. Using this notation, both the point
location and the data width are fixed when the model is
implemented so the designer must decide the number of
bits to the integer and fractional parts of every variable.
Besides, as some mathematical operations require point
alignment, the designer must reformat the variables prior
to that operation. Therefore, this arithmetic requires much
more design effort.

Due to its versatility, floating-point may be the best arith-
metic format to use in an HIL system but only if the simulation
step can be above a threshold that may vary between 100 ns
and 1 µs depending on the technology and model complexity.
Below that threshold, two problems may arise. On the one
hand, the design implemented in the FPGA may not be
executed in real time due to the complexity of floating-
point. On the other hand, small simulation steps imply also
small increments in the equation (2). Those small increments
may produce resolution issues, obtaining non-functional sim-
ulations, as it was seen in [23]. Nevertheless, obtaining a
small input PWM (Pulse Width Modulation) sampling step
is crucial because it allows the model to be accurate even
with high switching-frequency converters. It is important to
note that the PWM sampling and simulations steps do not
have to be numerically equal. In fact, present commercial
tools have drastically decreased the PWM sampling step down
to nanoseconds or tens of nanoseconds while the simulation
step remains about hundreds of nanoseconds. For instance,
in Typhoon HIL602 and HIL402, the PWM sampling step
is 20 ns and the simulation step is down to 500 ns in the
case of HIL602. It should be noted that the PWM sampling
step must be around one hundred times (resolution around

1%) below the switching period in order to detect accurately
the switching inputs. In the literature, examples can be found
from a minimum of 20 samples per input PWM period [25], to
hundreds [26] or even thousands [27] of samples per period.
Those times cannot be reached for the simulation step using
floating-point arithmetic, and that is why both steps are very
different in commercial tools. Anyway, simulation steps need
to remain well below the switching period, so they should be
also decreased to be able to emulate converters with switching
periods of 1 µs or less. This will become more important
with the increasing use of GaN SiC devices, as the switching
periods have a tendency to decrease [28], [29].

Taking all into account, fixed-point arithmetic should be the
election if the simulation step must be minimized. However,
the need of determining the numerical limits of every variable
to calculate the width and point location is a big drawback.
Besides, another shortcoming is that the model must be
redesigned every time the simulation conditions are changed,
because the numerical limits may be surpassed. One strategy is
to transfer fractional bits to the integer part so even the worst
case can be simulated, but that entails resolution losses and
the model probably becomes unusable. Therefore, redesigning
the model is the only way to maximize both time step and
resolution. All these drawbacks usually make fixed-point HIL
models unfeasible to be commercialized.

This paper proposes a parametrizable fixed-point notation
which takes simultaneously the advantages of floating and
fixed-point. The aim is to obtain the small simulation step
and hardware utilization of fixed-point arithmetic but also
the flexibility of floating-point, which does not require the
redesign of the model when the simulation conditions change.

III. PARAMETRIZABLE FIXED POINT ARITHMETIC

As it was explained in the previous section, the main
drawback of the standard fixed-point arithmetic is its inability
to shift the point location when needed. It implies resolution
issues when there are less fractional bits than necessary and
saturation when the variables exceed the numerical limits
determined by the format. Therefore, when the simulation con-
ditions change (changing the inductance/capacitance values,
the input voltage range, or any other value), it is necessary
to redesign the model, calculating the number of bits for the
integer and fractional parts.

In this paper a novel technique which uses parametrizable
fixed point arithmetic is proposed. It consists on fixed-point
notation but the point location is shifted without resynthesizing
the code. In order to maximize the performance of the model,
simple signed integers operations are implemented. The widths
of the variables are constant and they can be chosen taking
into account the DSPs (Digital Signal Processors) located in
the FPGA, to obtain the minimum critical path — minimum
delay between two simulation steps.

Although the arithmetic operators process the numbers as
integers, the variables actually are in fixed-point format, so
a number of integer and fractional bits must be allocated
for every signal. The point location of every signal must be
calculated using this equation:
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Fig. 2: Model schematic implemented using parametrizable
fixed-point arithmetic

scale = width− dlog2max valuee (5)

where scale is the number of bits for the fractional part.
The previous equation determines that the scale is equal to
the total width minus the number of integer bits needed to
store the maximum expected value (worst case for the present
simulation execution). For instance, if the user knows that the
maximum output voltage is 400 V and the state variable has 27
bits (28 including the sign bit), the scale of the output voltage
variable will be 18 — because 9 bits are needed for the integer
part — so the variable has 18 fractional bits with a resolution
of 3.81 · 10−6 V . However, if another simulation should be
done with lower voltage values like 5 V , the variable will have
24 decimal digits, so the resolution will be 5.96 · 10−8 V .
Therefore, the system is adapted to the expected values in
order to maximize the simulation accuracy. It is important
to note that maximizing the numerical resolution is crucial
as the increments of equation (2) are very small because
the simulation step (∆t) will be decreased down to tens of
nanoseconds using the proposed arithmetic.

As it can be seen in Fig. 2, the widths of every variable are
fixed during the simulation. The scale of every variable should
be calculated using (5), but this can be accomplished without
the need of resynthesizing. This task can be done automatically
as the user only has to define the maximum values of the main
model variables (input and output voltages and currents) and
the values of the converter (inductance, capacitance, actual
input voltage), etc. This information should be known by
the simulation user, because the control which will be tested
should have been designed using this information. The actual
values can vary during the simulation but they should not
exceed the numerical limits defined before the simulation.
Only when the parameters of the converter are changed, the
scales should be calculated again, but without any resynthesis,
which is the main advantage of the parametrizable approach.

Regarding the implementation of equations in VHDL code,
it must be taken into account that two variables should have the
same scale (number of fractional bits) before being added or

subtracted, and the result will have the same scale. However,
two signals can be multiplied no matter the scale of them,
and the result will have as scale the sum of both scales. In
order to fulfill the first requirement, four scale changer blocks
are added as it will be explained later. The schematic of the
model using parametrizable fixed-point arithmetic can be seen
in Fig. 2. The scale changers labeled as (a) allow the model
to calculate with maximum resolution the increments of the
state variables. In this way, the ∆t

L and ∆t
C can be defined

using the maximum number of fractional bits. However, if
the scale of the increments is different from the scale of the
state variables, the scale changer will translate the increments
before the addition.

On the other hand, the accumulators of the state variable are
implemented with high resolution but the model feedback (the
current depends on the voltage and vice versa) is accomplished
using less fractional bits. For this task, two more scale chang-
ers labeled as (b) are included in the design. It can be thought
that this truncation would affect severely the whole system
accuracy but it should be noted that, while the integration is
highly sensitive to resolution because the incremental values
are very small, the important information in the feedback is
how big the current and voltage variables are. This is because,
the feedback information is multiplied again for ∆t

C or ∆t
L . For

example, considering that the resolution of both state variables
is 10−15, there is no need to feedback the current with high
resolution (for example 4.0 + 1 · 10−15 A) because that value,
after being subtracted by the load current (1 A for instance),
will be multiplied by ∆t

C (for example 20 ns
100 µF ), so the capac-

itor incremental value will be 6.000000000000002 · 10−4 V
and it will be truncated to 6.0 ·10−4 V because the resolution,
as it was said was 10−15. Therefore, there are no significant
resolution losses when the variables are truncated before the
model feedback.

As the scale of a variable represents the number of fractional
bits, the scale can be changed simply by a left/right shifting of
the variable. The left shifting increments the scale (adds one
fractional bit) while the right shifting decrements it (subtract
one fractional bit). The scale changer blocks are implemented
using barrel shifters so the amount of bits shifted is adjustable
at run time. The barrel shifter block adds low latency as it
is based on multiplexers and static shifters. Therefore, the
slowest elements of the model are the multipliers. However,
those elements can be mapped into the DSPs of the FPGA,
achieving global time steps of only tens of nanoseconds. In the
proposed schematic of Fig. 2, the widths of the signals have
been chosen in order to fit the operations into the DSPs [30],
optimizing the performance of the model. The methodology
proposed in this section offers real-time simulations with small
simulation steps (around tens of nanoseconds) along with
the flexibility of not having to redesign and resynthesize the
model. As it can be seen in Fig. 2 the proposed implementation
does not use any pipelining technique. With the proposed
schematic, the results of each integration step are fedback for
the next integration step, so using a pipeline strategy would
not be an advantage. In order to sample the PWM inputs
of the model, the FPGA registers them twice in order to
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TABLE I: Buck parameters used in the Results section

Case C L Vin Vout P Fsw

1 [31] 100 µF 22 µH 60 V 5 V 120 W 200 kHz

2 [32] 150 µF 100 µH 16 V 12 V 48 W 200 kHz

3 [33] 100 µF 10 µH 3.3 V 2.7 V 0.2 W 600 kHz

synchronize them with the internal clock domain. This is a
common practice in FPGA designs and it only adds a delay
of two clock cycles — around 30 ns — taking into account
the results of Section IV.

IV. EXPERIMENTAL RESULTS

This section presents a thorough comparison between the
proposed model and two other models: standard fixed-point,
and a reference model implemented with double-precision
floating-point arithmetic. Despite of the logic resources needed
to implement the models, the election of arithmetic determines
whether the model can be adapted to simulations with different
parameters (inductance, capacitance, load, etc.). Besides, that
choice also determines the minimum simulation step that can
be reached due to the implemented logic. In order to get a
wide view of situations, three different configurations of the
buck converter are considered in this section, as Table I shows.
These configurations are recommended in the application
notes of the following commercial buck controllers: LT3430-
1 and LTC3892-1 [31], [32] from Linear Technologies, and
MAX1685 from Maxim [33].

It is important to note that the proposed models have to be
tested in open loop, without using a closed loop regulator. If
closed loop were used, the regulator would compensate the
numerical errors of the model, so the whole system would
probably get the desired current and voltage values at steady
state even if the model did not have the appropriate numerical
resolution.

Every configuration has been implemented using
parametrizable and standard fixed-point models and also
the reference model. The reference model implements the
same equations but using double-precision floating-point
(variables of 64 bits) in order to avoid resolution issues.
This reference model has been implemented using real
floating-point data type. This data type cannot be synthesized
but it is easy to use and provides a wide dynamic range
along with high numerical accuracy. Likewise, this reference
model implemented by hand has been previously validated
comparing it with a Simulink model.

The traditional fixed-point should be implemented taking
into account a set of variables that depends on the application
(voltages, currents, capacitances, etc.), so the point location
should be fixed before designing the model. Other sets can be
used afterward as long as the new values fit in the original
variables which cannot change their point locations without
redesigning the model. For that reason, the buck converter
implemented with standard fixed-point has been designed to
optimize the simulation of Case 1 but allocating two more
bits to the integer parts so bigger transients can be simulated.
For the remaining cases, only the inputs of the models have
been changed (inductance, capacitance, load, etc.). Case 1

is a halfway case, while case 2 and case 3 will present
saturation and resolution errors respectively. Regarding the
parametrizable fixed-point model, it has been reconfigured
with the new scales and constants in order to optimize the
model for every case. Table II shows the number of bits used
(excluding the sign bit) in the state variables in every case,
which are constant in the fixed-point model (as the change of
the format would require redesign and resynthesize the model),
but they vary in the parametrizable fixed-point model in order
to optimize the accuracy of the emulation.

Fig. 3 shows the waveforms of the state variables for the
fixed-point, parametrizable fixed-point models and the refer-
ence model (real-type). The simulation step for the simulations
has been set to 20 ns. As it will be shown later, this simulation
step can be reached with both models, so real-time simulations
can be executed. All the simulations present a transient in
the output voltage from 80% to 100%. The length of each
simulation is equal to the settling time. These simulations show
the mean values each switching cycle as the ripple makes it
harder to follow the figures.

Both models obtain the same results in Case 1 (Fig. 3a),
as the fixed-point model has been optimized to run this
simulation. This figure has been included to show the transient.

Case 2 (Fig. 3b) presents a transient of a higher-current buck
converter. As the inductor current exceeds 16 A —the highest
value that can be stored in the state variable of the fixed-point
model— that current saturates in the fixed-point model. Due to
the saturation produced in the fixed-point model, the capacitor
voltage behavior is affected, producing also a phase difference
between the expected results and the calculated ones. This is
the most obvious problem of traditional fixed-point notation.
If a signal saturates, the simulation gets completely wrong
results. On the other side, the parametrizable fixed-point model
generates the expected results, as all the variables have been
rescaled before the simulation.

Finally, case 3 (Fig. 3c) shows a low-power buck converter.
This system presents high oscillations and needs much time
to be settled. For that reason, Fig. 3d presents the detail of the
last millisecond of the transient. It can be seen that the voltage
of the fixed-point model is around 1% higher than the one of
the parametrizable model, its oscillation is also 4% higher and
there is a small phase difference between them. There are also
mismatches in the current, but this effect is less important.
These problems are present because this buck converter is
intended for low power applications. Lower currents imply
lower increments in the voltage state variable and, therefore,
the resolution impact is higher. It is important to note that the
resolution issues are mitigated during a transient because the
increments of the state variables become higher, letting the
increments to be considerably higher than the resolution of
the variables. However, during steady state the increments can
be considerably lower and these issues have more importance.

Table III shows numerical results of the previous experi-
ments. The mean absolute error has been calculated comparing
the results of both models with the high-resolution reference
model. Case 1 presents an error below 0.7% for both state
variables. If needed, this result can be improved by using more
bits for the calculations. As it was explained before, the fixed-
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TABLE II: Fixed-point format for the state variables

Case 1 Case 2 Case 3
integer bits fractional bits integer bits fractional bits integer bits fractional bits

Fixed-point 4 23 4 23 4 23

Par. Fixed-point 4 23 5 22 1 26
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Fig. 3: Comparison between fixed-point and parametrizable fixed-point and real

TABLE III: Mean absolute error during a transient of 20% in the output voltage. Until settling time (2%)

Case 1 Case 2 Case 3
iL vc iL vc iL vc

Fixed-point 0.658% 0.304% 12.795% 3.509% 6.377% 0.956%

Par. Fixed-point 0.658% 0.304% 0.035% 0.015% 1.360% 0.069%

point model was designed to simulated Case 1, so it yields the
same results as the parametrizable model. However, in Case
2, the fixed model presents an error over 12% in the inductor
current because of its saturation, while parametrizable fixed-

point presents errors around 0.03%. Finally, Case 3 presents
resolution issues for both models, but in the case of the fixed-
point model, the error is much bigger. The problem is that the
increments for the current in this simulation are usually around
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TABLE IV: Mean absolute error during steady state

Case 1 Case 2 Case 3
iL vc iL vc iL vc

Fixed-point 0.636% 0.410% 0.281% 0.223% 24.422% 1.034%

Par. Fixed-point 0.636% 0.410% 0.023% 0.014% 1.745% 0.021%
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Fig. 4: Waveforms of case 3 starting already in steady state.

10−5 A while the actual current is around 0.1 A (around
10−5 V and 2.7 V in the case of the voltage, respectively),
so many bits should be used to store the state variable and
also to feedback the results to the other state variables. This
resolution problem affects noticeably the fixed-point model, as
its resolution is lower because it was designed for Case 1.

Another set of experiments has been accomplished to ana-
lyze the behavior of the models during steady state. Using the
same cases of Table I, the simulations have been started al-
ready in steady state. These simulations let us analyze whether
the models reproduce accurately the natural frequency of the
systems without any perturbation. Table IV shows the mean
absolute error compared with the reference model, as well as
the previous table. Case 1 and case 2 for parametrizable fixed-
point present similar errors than in the transient as there were
no significant resolution issues. For case 2 with fixed-point,
the error is much smaller because in steady state saturation is
not reached.

However, Case 3 presents a different behavior because the
resolution problem is aggravated during steady states, as the
increments for the state variables are even smaller. In this
case, the error of the inductor current of the fixed-point model
grows up to 24%, while the parametrizable model is kept
under 1.8%. Fig. 4 shows the results for Case 3 during steady
state. The reference waveforms have also been included in
this case. It can be seen that the reference model presents
almost no oscillations in both state variables. Parametrizable
model produces some oscillations but with low amplitude,
while fixed-point model presents a noticeably oscillation. The
switching ripple has been filtered, so the inductor current
oscillation that can be seen is produced by the resolution

problems of the model. Basically, for the standard fixed-point
model, the increments of the current variable are numerically
around the resolution of the model. Because of this, the
increments cannot be represented with enough resolution and a
sawtooth wave is obtained. The mean value of this wave is near
the ideal value, but its oscillation is noticeably wrong. This
oscillation affects the calculations of the capacitor voltage,
even when the voltage does not present these resolution issues.

Taking into account both sets of experiments, some con-
clusions can be extracted. The standard fixed-point model
is easy to implement but its utility is constrained to sim-
ulations close to its base case. Even when the converter
characteristics are near the base case, some transients can
saturate momentarily the variables of the model, preventing
from simulating accurately those transients. On the other side,
simulations with values much lower than the base case also
present problems when using the fixed-point model, because
of resolution problems. The resolution problems in this case
can be always present, but they are especially noticeable
during simulations in steady state. All these problems can
be avoided redesigning and resynthesizing the model but it
is not affordable in real applications because the user may
not have the knowledge to do that task and the effort would
not be negligible. However, parametrizable fixed-point is only
designed once, and it is reconfigured with the parameters of the
present simulation. This configuration consists in calculating
the scales of every variable, but this process can be automated
with a simple software.

Once the accuracy results have been analyzed, implemen-
tation results in the FPGA will be shown. Fixed-point and
parametrizable fixed-point models have been implemented in
a Xilinx FPGA Zynq 7 (XC7Z020-1CLG400C) in order to get
the utilization of the device and the minimum simulation step.
All models have been implemented using Vivado 2017.3 and
using the standard Xilinx synthesizer: XST. The architecture
of the selected FPGA has two main parts: PLS (Programmable
Logic Structure) and APU (Application Processing Unit). The
former is where the whole model is implemented, while
the latter is only used to implement the communications
between the computer and the hardware-based model. These
communications only consist on the configuration of the scales
of the variable of the model and the converter parameters.

It can be seen in Table V that both models can reach
simulations steps under 16 ns (around 62 MHz). It is worth
noting that in these simple models, which are a direct imple-
mentation of equations (2 - 4), the simulation step is equal to
the FPGA clock period. Parametrizable fixed-point requires
more FPGA resources and its minimum simulation step is
slightly greater than in the case of standard fixed-point model.
That was expected as the parametrizable model includes the
barrel-shifter modules which change the scale of the different
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TABLE V: FPGA (Xilinx XC7Z020-1CLG400C) resources
used by the design

System Min simulation 4 input FFs DSP
step LUTs

Parametrizable
15.13 ns 290 56 2fixed-point

Parametrizable
18.72 ns 699 56 0fixed-point (no DSPs)

Fixed-point 11.79 ns 110 56 2

Fixed-point
16.99 ns 664 56 0(no DSPs)

32-bit Floating-point 45.44 ns 1516 64 4

32 bit Floating-point
49.62 ns 3365 64 0(no DSPs)

64-bit Floating-point 64.35 ns 3540 128 18

64 bit Floating-point
66.92 ns 10626 128 0(no DSPs)

variables. Comparing the number of LUTs (Look Up Table)
it may seem that the barrel-shifters imply a large overhead,
but most of the logic is in fact dedicated to the multipliers,
implemented in the DSP blocks. Just to make an idea of
the barrel-shifters global overhead, both models were also
synthesized without using DSP blocks showing similar results
in terms of LUTs and simulation step. Of course, this is not
recommended because the simulation step greatly increases.

Table V also shows a comparison with 32-bit and 64-bit
floating-point implementations. The table shows that the 32-
bit floating-point model is about three times slower and it
also requires around five times more resources. Likewise, the
64-bit floating-point model is about four times slower and
it also needs around fifteen times more resources. A first
drawback is the simulation step because, as it was explained
in Section II-A, small simulation steps are needed to emulate
high switching-frequency converters with accuracy. But the
increase in necessary resources is also a important point to be
taken into account because it has a direct impact in the final
price of the HIL system.
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V. CONCLUSION

This paper has proposed a variation of fixed-point arithmetic
called parametrizable fixed-point intended to be implemented
in FPGAs. This arithmetic takes the advantages of both
fixed and floating-point, as it gets the best performance of
the former while keeping the flexibility of the latter. The
speed requirement has been reached using simple signed
integer mathematical operations as they are quite faster than
the floating-point alternative. Besides, point location should
be changed without the need of resynthesizing so several
barrel shifters have been included to get that purpose. The
proposed arithmetic has been tested along with a model of
a buck converter and it has been shown that it offers real-
time simulations with a simulation step under 20 ns with
negligible numeric errors. This noticeably small simulation
step enables modeling high switching-frequency converters, as

the simulation step limits the applications that can be modeled
accurately. Besides, the experiments show that this arithmetic
is adapted to the simulation characteristics, avoiding saturation
or low-resolution issues.
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